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Given a symmetrizable CartanmatrixCwith left symmetrizerD and an orientationΩ one
can define a Jacobian algebra⊓(C,D) = P(Q,W) over any field F. It is free as a module over
a central subalgebra F[[ε]], and after localizing with respect to ε we obtain a Dlab-Ringel
(species) preprojective algebra of type C over the field of Laurent series F[[ε]], modulo εk
we get the generalized preprojective algebras ⊓(C, kD) defined in [GLS1].

By factoring out the arrows which go opposite to the orientation Ω we get an F[[ε]] order
H(C,D,Ω). After localizing with respect to this becomes a species of type (C,D,Ω) over
the field F[[ε]]. Modulo εk we get back the 1-Iwanaga -Gorenstein algebras H(C, kD,Ω)
from [GLS1]. We will illustrate these constructions with several examples.

The Grothendieck group of the exact category of locally free H(C,D,Ω)-modules has the
structure of a bilinear Cartan lattice in the sense of Krause-Huberry, and all bilinear lattices
can be realized in that way. The locally free rigid indecomposableH(C,D,Ω)-modules are
parametrized, via their class in the Grothendieck group, by the real Schur roots associated
to (C,Ω) by [GLS6]. Moreover ⊓(C, kD), viewed as a H(C,D,Ω)-module decomposes as
the direct sum of the preprojective H(C,D,Ω)-modules.

Our motivation comes from the fact that F can be any field, in particular an algebraically
closed one. In that case we obtain for example the following result: The irreducible com-
ponents of maximal dimension of the varieties of E-filtered ⊓(C, kD)-modules have the
structure of an BC(∞)-crystal.
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