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Theory of Almost Completely Decomposable Groups (acd groups) has been intensively deve-
loped during the last decades, [1—3]. According to the definition, any acd group X is a torsion-
free abelian group of finite rank which has a completely decomposable fully invariant subgroup
A of finite index. Then such groups form a class which is the closest one to the completely de-
composable group class consisting of finite direct sums of rank-one groups. However, acd group
properties are very different from those of completely decomposable groups. The main basis for
combining group and ring approaches in case of acd groups is the fact that the endomorphism
ring EndX of an acd group X is again an acd group with respect to the sum operation. It is
known that EndX ⊂ EndA.

Theorem 1.
Any automorphism of the ring EndX can be uniquely extended to an automorphism of the ring

EndA.

Traditionally acd groups are classified up to near-isomorphism (∼=nr), an equivalence, which
is weaker than isomorphism (∼=) but reflects decomposability properties precisely enough. For a
class H of block-rigid acd groups X with cyclic regulator quotient X/A it is proved that they are
determined up to near isomorphism by their endomorphism rings :

Theorem 2.
Let X,Y ∈ H. Then X ∼=nr Y if and only if EndX ∼= EndY .

Almost completely decomposable groups and their endomorphism rings admit dualities of
their definitions, which lead to some new approaches of the acd structures examination [4]. The
results are generalized to the so-called local acd groups and rings of infinite ranks, [5–6].
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